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APPLICATION 
FOR 

UNITED STATES LETTERS PATENT 

Be it known that we, Steven M. Adler-Golden, residing at 20 Clarendon Street, Newtonville, MA 
02160, Michael Matthew, residing at 16 Wilson Farm Road, Westford, MA 01886, Alexander Berk, 
residing at 8 Canoe River Road, Sharon, MA 02067, Lawrence S. Bernstein, residing at 6 Turning 
Mill Road, Lexington, MA 02173, Gail Anderson, residing at 875 7 th Street, Boulder, CO 80302, 
Laila Jeong, residing at 19 Peachtree Road, Lexington, MA, 02420, Clark Allred, residing at 23 
Hickam Lane, Hanscom AFB, MA 0173 1 , and James Chetwynd, Jr., residing at 57 Norval Avenue, 
Stoneham, MA 02180, and being citizens of the United States of America, have invented a certain 
new and useful: 

Improved Methods for Atmospheric Correction of Hyperspectral Imagery Over Land 
of which the following is a specification: 
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Applicant: Adler-Golden et al. 

For: Improved Methods for Atmospheric Correction of Solar-wavelength Hyperspectral Imagery 
Over Land 

Field of the Invention 

This invention relates to methods of correcting multispectral and hyperspectral images of 
the earth's land surfaces for atmospheric effects and calibration induced errors. 

Background of the Invention 

The prior art for atmospheric correction of spectral imagery (that is, the retrieval of 
surface reflectance spectra from measured radiance spectra) at wavelengths where the source of 
light is the sun is embodied in various methods described in the literature. The simplest method 
is the "Empirical Line Method". It assumes that the radiance image contains some pixels of 
known reflectance, and also that the radiance and reflectance values for each wavelength channel 
of the sensor are linearly related; therefore, the image can be converted to reflectance by applying 
a simple gain and offset derived from the known pixels. This method is however not generally 
applicable. In-scene known reflectances are often not available, and the linearity assumption, 
which presumes a uniform atmosphere throughout the scene, may not be accurate. Therefore, an 
alternative method based on a first-principles radiation transport model is required. The 
phenomenology and methods differ somewhat for images of land and water; the focus here is on 
methods appropriate for scenes consisting mainly of land. 

For hyperspectral imagery, which contains many tens to hundreds of wavelength 
channels, the most commonly used atmospheric correction computer code at the present time is 
ATREM [Gao et ah, 1996]. The inputs to ATREM consist basically of the center wavelengths 
and widths of the sensor channels, the location and time of the measurement(which defines the 
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sun angle), the sensor altitude and surface elevation, a specified aerosol/haze type and amount (as 
defined by a visible range), and a specified default model atmosphere (that is, one of a choice of 
embedded atmospheric descriptions, such as a seasonal/latitude model or the US Standard model, 
etc.). The sensor view is assumed to be in the nadir direction. Another atmospheric correction 
code for hyperspectral imagery has been developed by Green et al. [1996] for processing data 
from the AVIRIS sensor. Green's method requires additional input from a calibration image, and 
is therefore not applicable to general hyperspectral data. Recently, a method has been developed 
by Spectral Sciences, Inc. (SSI) and the Air Force Research Laboratory (AFRL) [Adler-Golden 
et al, 1999] that combines the essential features and inputs of ATREM with a more advanced 
treatment of the radiation transport physics similar to that found in the multispectral atmospheric 
correction code ATCOR2 [Richter, 1996]. The radiation transport model used in the SSI/AFRL 
method is the most recent version of the MODTRAN band model-based code, currently 
MODTRAN4 [Berk et al, 1998]. ATCOR2 and Green's method are also based on versions of 
MODTRAN. This method is suitable for off-nadir as well as nadir viewing. In contrast, 
ATREM uses the 6S code [Vermote et al, 1994] to model atmospheric scattering and accounts 
for molecular absorption using a transmittance factor derived from a separate model. 

For technical details of the general first-principles atmospheric correction methodology, 
one may start with a standard equation for spectral radiance L* at a sensor, as associated with a 
given surface pixel, 

L* = Ap/(l-p e S) + Bpe/(l-p c S) + L* a equation (1) 
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which applies for UV through short wave infrared (SWIR) wavelengths, where thermal emission 
is negligible. Here p is the pixel surface reflectance, p e is an average surface reflectance for the 
pixel and the surrounding region, S is the spherical albedo of the atmosphere (i.e., the 
atmospheric reflectance for upwelling radiation), L* a is the radiance backscattered by the 
atmosphere, and A and B are coefficients that depend on atmospheric and geometric conditions. 
The first term in Equation (1) corresponds to the radiance from the surface that travels directly 
into the sensor, while the second term corresponds to the radiance from the surface that is 
scattered by the atmosphere into the sensor. The distinction between p and p e accounts for the 
"adjacency effect" (spatial mixing of radiance among nearby pixels) caused by atmospheric 
scattering. The adjacency effect correction may be ignored by setting p e = p. 

For a specified model atmosphere the values of the parameters A, B, S and L* a in 
Equation (1) are determined from the radiation transport model. For example, in the SSI/AFRL 
method these values are derived empirically from the standard MODTRAN outputs of total and 
direct-from-the-ground spectral radiances computed at three different surface reflectance values, 
0, 0.5 and 1. In ATREM the parameters are derived directly from the 6S code and the molecular 
absorption model. In both methods the viewing and solar angles of the measurement and 
nominal values for the surface elevation, aerosol type and visible range for the scene are used as 
inputs. 

The water vapor profile is not generally known for the scene in question, and furthermore 
it may vary across the scene. To account for this, the calculations to determine A, B, S and L* a 
are looped over a series of varying water column amounts, then selected wavelength channels of 
the image are analyzed to retrieve an estimated column water vapor amount for each pixel. For 
example, the SSI/AFRL method gathers radiance averages for two sets of channels, an 
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"absorption" set centered at a water band (typically the 1.13 micron band) and a "reference" set 
of channels taken from the edge of the band. A 2-dimensional look-up table (LUT) for retrieving 
the water vapor from these radiances is constructed. One dimension of the table is the 
"reference" to "absorption" ratio and the other is the "reference" radiance. The second dimension 
accounts for a reflectance-dependent variation in the ratio arising from the different amounts of 
absorption in the atmospherically-scattered and surface-reflected components of the radiance. In 
ATREM this ratio variation is not taken into account, so a 1 -dimensional LUT based on the ratio 
alone is used. 

After the water retrieval is performed, Equation (1) is solved for the pixel surface 

.IK! [J 

reflectances in all of the sensor channels. The SSI/AFRL and ATCOR2 codes use a method 
Q\ described by Vermote et al. [1 997] in which a spatially averaged radiance image L* e is used to 
] f\ generate a good approximation to the spatially averaged reflectance p e via the approximate 

J equation 

□ 

I L* e = (A+B)p e /(l-p e S) + L* a equation (2) 

The spatial averaging is performed using a point-spread function that describes the relative 
contributions to the pixel radiance from points on the ground at different distances from the 
direct line of sight. The SSI/AFRL code approximates this function as a wavelength- 
independent radial exponential, while ATCOR2 uses a simple square array of pixels. ATREM 
ignores spatial averaging entirely and sets p e = p. This amounts to neglect of the adjacency 
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effect, and leads to considerable errors in scenes containing substantial amounts of aerosols 
s(including haze) and/or strong brightness contrasts among the surface materials. 

A procedure analogous to the water vapor determination can be used to retrieve an 
approximate scene elevation map from a hyperspectral image. Here the radiation transport 
calculations are looped over elevation rather than water vapor concentrations and an absorption 
band of a uniformly mixed gas such as 0 2 or C0 2 is interrogated. Reasonable relative elevations 
have been obtained from AVIRIS images using the 762 nm 0 2 band (as a default) or the 2.06 \xm 
C0 2 band. 

In the prior discussion it has been assumed that the quantity of aerosol or haze in the 
scene to be analyzed has been adequately estimated. Both ATCOR2 and the SSI/AFRL code 
incorporate methods for retrieving an estimated aerosol/haze visible range from one or more 
"reference" surfaces in the scene where the reflectance is known for some wavelength channel(s). 
Best results are obtained using short (i.e., visible) wavelengths and either a very dark surface, 
such as green vegetation or deep calm water, or a very bright surface, such as a white calibration 
target that is large enough to fill at least one pixel In the SSI/AFRL method the aerosol/haze 
retrieval operates as follows. The calculations to determine A, B, S and L* a are carried out over a 
bandpass containing the selected sensor channel(s), but instead of looping over a series of water 
vapor values as described previously they are looped over a series of visible range values, e.g. 
200, 100, 50, 33, 25, 20 and 17 km, that are evenly spaced in their reciprocals (optical depths). 
This process is undertaken only over spectral ranges or bandpasses where water vapor absorption 
has little impact. The user chooses the reference pixels and assigns them each a mean reflectance 
value for the selected channels. A 2-dimensional LUT relating the visible range reciprocal to the 
pixel radiance and the spatially averaged radiance is then constructed. The visible range is 
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reported for each reference pixel by interpolating from the LUT, and if desired the results can be 
combined to form an average for the scene. It should be noted that the above method, unlike 
many others, takes the adjacency effect into account. When the reference pixels are taken from 
small areas in an image, such as calibration panels or isolated patches of vegetation, the 
adjacency effect correction becomes critical for an accurate result. 
Limitations of the Prior Art 

The prior art methods for atmospheric correction of spectral imagery over land work 
adequately for many but not all conditions. In particular, they assume cloud-free conditions, the 
presence of at least one material in the scene with a known reflectance at a visible wavelength, an 
accurate and consistent wavelength calibration throughout the image, and sufficient computing 
time to perform tens of mathematical operations per image pixel per wavelength channel. As 
described below, problems arise when these conditions are not met. 

Cloudy conditions. Clouds pose several problems for atmospheric correction. Not 
surprisingly, pixels containing either a cloud or a cloud shadow are not converted to true surface 
reflectance by the prior art methods. Less obvious is the fact that clouds can adversely affect the 
reflectance retrieval accuracy even in cloud- and shadow-free parts of the scene. This is because 
the clouds contaminate the spatially averaged radiance L* e used in Equation (2) to generate the 
spatially averaged reflectance p e . According to theory, p e should account only for reflecting 
material that is below the scattering atmosphere. Clouds can be embedded throughout the 
molecular scattering layers, anywhere within the troposphere, 0 - 12 km, which are important 
sources of radiance at the very shortest (blue-violet) wavelengths. However, clouds usually lie 
above the aerosol and haze layers (approximately 0-2 km for the boundary) that dominate the 
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scattering in the rest of the spectrum. Since clouds are typically brighter than the terrain, they 
can lead to an overestimation of p e , and hence underestimated surface reflectance retrievals. 
Therefore it is desirable to identify and "remove" the clouds prior to the calculation of p e . 

Absence of accurately known surfaces. For the purpose of aerosol/haze amount retrieval, 
vegetation, water, or other dark surfaces can frequently be identified in a scene. However, 
reflectance values for these surfaces at appropriate wavelengths are often not known to within the 
accuracy needed (around 0.01 reflectance units or better) for an accurate retrieval. Even with 
"calibrated" surfaces the reflectance may not be known to within this accuracy because of 
measurement complications caused by non-Lambertian bidirectional reflectance distribution 
functions. Therefore, an aerosol/haze retrieval method is needed that is less prone to reflectance 
estimation errors. 

Wavelength calibration error and non-uniformity. The prior art methods presume that the 
center wavelengths and shapes of the channel response functions ("slit" functions) are correctly 
specified by the input values. In practice, the actual wavelength centers in hyperspectral sensors 
can differ from their presumed values by a sizable fraction of the channel width. This leads to 
large errors (up to tens of percent) in the retrieved reflectance spectra near atmospheric 
absorption features. Prior art methods do not account for these wavelength errors except in so far 
as the user may attempt to model them by trial and error, which is a tedious and time-consuming 
process. In addition, in sensors with a two-dimensional focal plane array there is often a 
significant non-uniformity of the wavelength calibration across the image; this may be due to 
curvature of the image of the spectrometer slit on the focal plane (referred to as spectral "smile"), 
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misalignment of the focal plane and spectrograph, or other effects. Prior art atmospheric 
correction codes do not account for these sources of wavelength non-uniformity. 

Computing time constraints. For a typical hyperspectral image containing several hundred or 
more spectral channels and hundreds of thousands of pixels or more, the speed of the 
atmospheric correction is fundamentally limited by the mathematical operations required to 
generate the reflectance values for each pixel and channel from the Equation (1) parameters. The 
prior art methods (e.g, ATREM, SSI/AFRL), which account for pixel-specific values of water 
vapor and possibly other quantities such as p e , require tens of operations per pixel-channel. 
Many of the operations are consumed in interpolating to find the appropriate A, B, S and L* a 
parameters for each pixel, and even more would be required to account for spectral "smile", for 
example. A more efficient procedure is needed for high-speed (near-real-time) atmospheric 
correction. 

Summary of the Invention 

The present invention is implemented in a computer code that extends and improves upon the 
prior art SSI/AFRL method for atmospheric correction of spectral imagery over land to generate 
the reflectance spectrum p. The invention addresses the four abovementioned limitations using 
the methods and embodiments summarized below: 

Aerosol retrieval method. A new method for retrieving the aerosol/haze amount (i.e., visible 
range) from an assumed ratio of in-band reflectances, rather than from an assumed reflectance 
value, is included in the present invention. This method can utilize user-selected pixels or 
alternatively can operate in an automated mode in which it identifies suitable "dark" pixels. 
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Cloud identification. A method for identifying cloud-containing pixels is included in the 
present invention, and is used to improve the calculation of the spatially averaged radiance L* e 
and reflectance p e images in Equations (1) and (2). Since this method requires a prior water 
vapor retrieval, the order and number of steps in the atmospheric correction process has been 
altered to accommodate it. The sequence of steps in the prior art SSI/AFRL method is (1) 
generation of spatially averaged radiance image, (2) aerosol/haze retrieval, (3) water vapor 
retrieval, (4) generation of p e and p. The sequence of steps in the present invention to 
accommodate cloud identification and masking is (1) preliminary water vapor retrieval using an 
estimated visible range, (2) cloudy pixel identification, (3) generation of spatially averaged 
radiance image with the cloudy pixels removed, (4) aerosol/haze retrieval, (5) water vapor 
retrieval with the retrieved visible range, (6) generation of p e and p from Equations (1) and (2). 

Reflectance calculation speedup. A new method is included in the present invention that 
greatly reduces the number of mathematical operations required to generate the reflectance 
values. The method operates by averaging the water vapor and p e values over small groups of 
neighboring pixels, so that the same A, B, S, L* a parameter values may also be assigned to all 
pixels within the group. Once these values have been assigned, generation of the reflectance for 
each pixel within the group requires only two arithmetic operations per channel, a decrease of an 
order of magnitude compared to the prior art. 

Spectral smile compensation. A new method is included in the present invention that 
accounts for shifts in the wavelength calibration within the image, such as would be caused by 
spectral smile. The method loops the calculation of A, B, S and L* a over a set of possible 
wavelength shifts with respect to the input channel centers, and assigns the appropriate set of 
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parameters to each pixel based on a pixel-location-dependent formula for the wavelength shift. 
The method could also be adapted to account for an image-wide calibration error. 

First embodiment of the invention. This invention features in one embodiment an improved 
method of correcting for atmospheric effects on a remote image of the Earth's surface taken 
from above, wherein the image comprises a number of images of the same scene each 
including a large number of pixels, each at a different wavelength band, and including 
ultraviolet through infrared wavelengths, comprising: providing a radiation transport model 
that relates spectral radiance to spectral reflectance via a set of parameters; providing a 
discrete number of trial visibility values; using the radiation transport model to calculate the 
model parameter values for each of the trial visibilities; selecting image pixels having a 
presumed, predefined ratio of reflectances in two different wavelength bands; using the 
radiation transport model parameters to determine the surface reflectance for the selected 
image pixels for each of the two selected wavelength bands for each trial visibility; comparing 
the determined surface reflectances to the predefined ratio of reflectances; determining from 
the comparison the difference between the determined reflectance and the ratio-predicted 
reflectance for at least one of the two selected wavelength bands; and resolving from the 
comparison and the trial visibility values, a corrected image visibility value. 

Second embodiment of the invention. In another embodiment the invention features an 
improved method of correcting for atmospheric effects on a remote image of the Earth's 
surface taken from above, wherein the image comprises a number of simultaneously acquired 
images of the same scene, each including a large number of pixels, each at a different 
wavelength band, and including infrared through ultraviolet wavelengths, comprising: 
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providing a radiation transport model that relates spectral radiance to spectral reflectance via a 
set of parameters; providing a discrete number of trial column water vapor amounts; using the 
radiation transport model to calculate the model parameter values for each of the trial column 
water vapor amounts at wavelengths within and outside at least one water vapor absorption 
band; initially determining the column water vapor amount for each pixel from comparisons of 
the observed radiances at those wavelengths with calculations based on the model parameters 
for each trial column water vapor amount; determining pixels that likely include a cloud, such 
as by performing on each pixel a brightness test, a color balance test, and a low-water test, 
and for such pixels that pass these tests replacing the actual radiance with a presumed 
radiance; resolving the visibility value for the image; refining the determined column water 
vapor amounts for the pixels using the resolved visibility value; and determining the 
reflectance of each image pixel. 

Third embodiment of the invention. In yet another embodiment, this invention features 
an improved method of correcting for atmospheric effects on a remote image of the Earth's 
surface taken from above, wherein the image comprises a number of simultaneously acquired 
images of the same scene, each including a large number of pixels, each at a different 
wavelength band, and including infrared through ultraviolet wavelengths, comprising: 
providing a radiation transport model that relates spectral radiance to spectral reflectance via a 
set of parameters; dividing the image into a plurality of sub image areas, each comprising a 
plurality of pixels; determining for each sub image area a blended water vapor column density; 
for each sub image area, using the radiation transport model and the blended water vapor 
column density to determine a single value for several variables in the radiation transport 
model; and calculating the surface reflectance for each pixel in each sub image area from the 
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several variables determined for the sub image area in which the pixel is found, and the 
spectral radiance for the pixel. 

Fourth embodiment of the invention. In a fourth embodiment, featured is an improved 
method of correcting a shift in wavelength calibration of a two dimensional focal plane array 
used to capture a remote image of the Earth's surface taken from above, wherein the image 
comprises a number of simultaneously acquired images of the same scene, each including a 
large number of pixels, each at a different wavelength band, and including infrared through 
ultraviolet wavelengths, comprising: providing a nominal channel wavelength calibration value 
for each channel in the image; dividing the pixels into a plurality of strips, each corresponding 
to a narrow range of focal plane array cross-track pixel locations; determining for each strip a 
set of sub-channel wavelength values that are derived from the nominal channel wavelength 
calibration values; providing a radiation transport model that relates spectral radiance to 
spectral reflectance via a set of parameters; calculating radiation model parameter values for 
each sub-channel; and determining the reflectance of each image pixel using the calculated 
model parameter values. 

Fifth embodiment of the invention. In another embodiment, this invention features an 
improved method of correcting for atmospheric effects on a remote image of the Earth's 
surface taken from above, wherein the image comprises a number of images of the same scene 
each including a large number of pixels, each at a different wavelength band, and including 
ultraviolet through infrared wavelengths, comprising: providing a radiation transport model 
that relates spectral radiance to spectral reflectance via a set of parameters; providing a 
discrete number of trial aerosol visibility values and either trial aerosol property values or 
aerosol types; using the radiation transport model to calculate the model parameter values for 
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each of the trial aerosol visibility values; selecting image pixels having a multiplicity of 
presumed, predefined ratios of reflectances among a multiplicity of wavelengths bands; using 
the radiation transport model parameters to determine the surface reflectance for the selected 
image pixels_for each of the multiplicity of wavelength bands for each combination of trial 
visibility value and trial aerosol property value or values, or aerosol type; comparing the 
determined surface reflectances to the predefined ratios of reflectances; and resolving from the 
comparison a combination of visibility value and aerosol property value or values or aerosol 
type for the corrected image. 

The various embodiments may each include the following more specific features. The 
radiation transport model calculations may be performed for the specific geometric conditions 
of solar illumination and sensor viewing that apply to the image being analyzed. The 
radiation transport model calculations may alternatively be performed for a plurality of 
geometric conditions of solar illumination and sensor viewing, with the calculation results 
stored, and the stored results interpolated to the specific geometric conditions that apply to the 
image being analyzed. The radiation transport model calculations may calculate the radiance 
from the surface that is scattered into the sensor by weighting the spectra from different parts 
of the surface according to their contributions to each pixel, as described by a point-spread 
function. The radiation transport model may include MODTRAN. The sensor viewing angle 
may be nadir or off-nadir. 

Description of the Preferred Embodiments 

Aerosol Retrieval Method 
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The prior art method for aerosol/haze retrieval used in both the SSI/AFRL and ATCOR2 
atmospheric correction codes involves (1) establishing a set of MODTRAN radiance calculations 
assuming a certain aerosol/haze type (e.g., rural, urban, etc.) and covering a range of visibility 
(the meteorological visible range in km at 550 nm); (2) identifying specific pixels in the image 
that are known to have a certain reflectance value in a given wavelength band selected by the 
analyst; (3) matching the in-band radiances for those pixels to the MODTRAN calculations and 
reporting a visibility value for each pixel, accounting for the "adjacency effect". This method is 
not well suited to automated data processing, however, because of the need for user selection of 
the pixels. Even when user supervision is permitted, the image may not contain a target whose 
reflectance is accurately known a priori. 

The features of the invention described below is a method for retrieving a sufficiently 
accurate visibility estimate from a spectral image by utilizing pixels that have a known ratio of 
reflectances in different wavelength bands. The method can be implemented in either a 
supervised fashion, with the user selecting the pixels to be utilized, or in an automated fashion in 
which the pixels are selected according to some reflectance criterion. The scientific basis of this 
method is that the ratios of reflectances are often much better defined than are the reflectance 
values themselves. In particular, it has been shown that there exist approximate empirical ratios 
between visible reflectances (e.g., at 0.66 microns) and a SWIR reflectance region (e.g., 2.1 - 2.2 
microns) for "dark" natural terrain such as vegetation [Kaufman et al 1997], Since SWIR 
reflectance from such terrain is low, the "dark" terrain pixels in an image may be identified by 
using a maximum SWIR reflectance criterion. In general, the use of a reflectance ratio is 
advantageous when the pixels to be used for the visibility retrieval have a known reflectance 
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spectrum shape but may have an uncertain absolute reflectance due to BRDF effects, shadows, 
moisture, etc. 

In a preferred embodiment of the invention, the inputs are (1) the MODTRAN-calculated 
parameters A, B, S and L* a covering the range of trial visibilities, as described in the prior art, (2) 
the sensor channel designations that define two bandpasses to be used for the aerosol retrieval, 
(3) an assumed reflectance ratio for the two bandpasses, and (4) a means for selecting the pixels 
to be utilized for the retrieval. For automated operation using natural dark terrain (preferably 
vegetated, not shade or water), a preferred means is to apply a reflectance cutoff value (such as 
0.10) for the longer wavelength bandpass that defines the maximum value for the selected pixels. 
These inputs will preferably pertain to bandpasses around 0.66 microns and 2.1 microns. 
Radiance images and L* e images in each of the two specified bandpasses are then assembled 
from both the original data cube and the spatially averaged radiance data cube that is generated 
for the solution of Equation (1) accounting for the adjacency effect. The reflectance solution is 
then constructed for the two bandpasses for each of the trial visibility values. The results are 
compared with the assumed reflectance ratio, and images are tabulated of the short-wavelength 
"excess reflectance", defined as the amount by which the retrieved short wavelength reflectance 
exceeds the ratio-predicted reflectance. The sign of the excess reflectance depends on whether 
the trial visibility is greater than or less than the "correct" visibility. Therefore, an estimate for 
the correct visibility for each selected pixel may be obtained by linearly interpolating among the 
trial excess reflectances to find the visibility corresponding to an excess reflectance value of zero. 
An efficient way to calculate a scene-average visibility is to add or average together the excess 
reflectances for all the selected pixels and perform the interpolation on the result. 
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In some sensors the short wavelength and long wavelength bandpass images are collected 
from different focal planes, causing possible spatial misalignment of up to half a pixel The 
effects of the misalignment are expected to average out over continuous regions of "dark" pixels 
(i.e., pixels that satisfy the long wavelength reflectance cutoff). However, problems can 
potentially arise at the boundaries between dark and non-dark pixels, where contamination of the 
dark pixel short wavelength radiance due to adjacent non-dark pixels may cause a small net 
positive bias in the short wavelength excess reflectance, hence a small negative bias in the visible 
range. To minimize this problem one should exclude all boundary dark pixels (those 
neighboring non-dark pixels) from the selected set. 

The above reflectance ratio-based visibility retrieval method has been tested using data from 
several different hyperspectral sensors. When using "known" reflectance pixels such as 
calibration panels, the results were compared with the prior art absolute reflectance-based 
method. When using natural dark terrain, the consistency of the results was assessed using 
different reflectance cutoffs and different reflectance ratio values within the tolerances found by 
Kaufman et al [1997] (e.g., a ratio of between 0.4 and 0.5 for bandpasses around 0.66 microns 
and 2.1 microns). Based on these results, the retrieval accuracy obtainable by this method is 
approximately 0.01 to 0.02 per km for 1/visibility (in units of base 10 horizontal optical depth at 
550 nm). The results are less sensitive to the precise value of the ratio when a low reflectance 
cutoff such as 0.04 is used. However, a disadvantage of a low cutoff is the tendency to select 
pixels containing water at the expense of vegetation; shallow water can have a different 
reflectance ratio and thus give anomalous results. A more sophisticated pixel selection procedure 
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method, such as one that includes one or more minimum reflectance criteria to discriminate 
against water and shadows, provides better results. 

In an extension of the above described visibility retrieval method, a multiplicity of 
reflectance ratios based on a multiplicity of wavelength bandpasses would be specified for the 
"known" pixels, and the visibility value would be retrieved that yields the best overall agreement 
of the data-derived reflectances with the specified ratios for these pixels. For example, Kaufman 
et al. have reported that reflectances at 0.47 microns as well as at 0.66 microns are in a 
characteristic ratio to the reflectances at 2. 1 microns for dark terrain. With the use of a 
multiplicity of ratios, other aerosol parameters could be retrieved simultaneously with the 
visibility value. There are a number of possible properties that may be retrieved and 
embodiments of this method that may be chosen. In one example, the fitting process would be 
performed for each of a set of standard MODTRAN aerosol "types" (e.g., rural, urban, maritime, 
desert, etc.), and the type that produces the best agreement with the specified ratios would be 
selected as that which best represents the scene being analyzed. Each of these aerosol "types" is 
specified by individual properties, such as single-scattering albedo, scattering phase function, and 
particle size distribution. Thus, instead of retrieving an aerosol "type", one could retrieve 
parameters that describe these properties, such as mean single-scattering albedo, asymmetry 
parameter of the scattering phase function, or mean particle size, using an analogous fitting 
process. 

Cloud Identification 

The features of the invention described in this section are a method of processing spectral 
imagery in which a cloud "mask", which specifies the location of cloud-containing spectral 
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image pixels, is created and then utilized in an atmospheric correction process to improve the 
accuracy of retrieved reflectances in the clear regions of the image. 

A number of cloud detection algorithms have been developed that utilize multispectral data, 
but none have been developed specifically for hyperspectral data. A comprehensive look at 
cloud detection in multispectral instruments is presented by Ackerman et al. [1998], who 
developed an algorithm for the MODIS sensor. They apply a series of tests that generate a 
confidence level indicator that varies from 0 (confident cloudy) to 1 (confident clear); this is 
done by combining individual test output indicators by taking the minimum or the product. The 
tests include the following: 

1. A color balance test based on a SWIR/red reflectance ratio, where p(0.87 microns)/p(0.66 
microns) between 0.9 and 1.1 indicates clouds. Alternatively, a more complicated expression 
involving these bands may be used. 

2. A reflectance test at 0.94 microns, where water vapor absorbs. Low absorption correlates 
with low apparent column water vapor and hence reflection from bright, elevated objects (i.e., 
opaque clouds) 

3. A variety of IR brightness tests. 

In a paper on simple algorithms for multispectral atmospheric correction, Borel et al. [1999] 
discuss an analogue to the SWIR/red ratio test that combines an upper threshold on the NDVI 
(Normalized Differential Vegetation Index) with a lower threshold on the SWIR bandpass (i.e., a 
brightness test). They also describe a water vapor absorption test involving a continuum 
interpolated band ratio (CIBR). 
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With typical solar-wavelength hyperspectral sensors there is no IR coverage past 2.5 microns 
but there is high spectral resolution that permits a good column water vapor retrieval. Therefore, 
an opaque cloud mask was devised herein, based on combining tests for brightness, color 
balance, and low column water in the visible and SWIR regions. Because of processing time 
constraints, it is advantageous to utilize bands that are already being gathered by the atmospheric 
correction code for other purposes (e.g., 2.1 microns, 1.13 microns water absorption and 
reference bands, 0.66 microns, red, blue, green) and using the retrieved water vapor amounts. 
With this information, the cloud mask can be determined. 

From the standpoint of atmospheric correction, the main complexity posed by the presence of 
clouds arises from the adjacency effect compensation, which requires a spatially smoothed 
radiance. It is not appropriate to include cloudy pixels in the smoothed radiance, which means 
that a cloud mask must be determined prior to both the aerosol retrieval and the atmospheric 
correction. A cloud test based on water vapor must therefore use some assumed aerosol amount, 
and a test based on reflectances cannot include the adjacency effect compensation. 

Given these requirements for cloud detection, a preferred sequence of steps for the 
atmospheric correction process as a whole is as follows: 

1. Initial water vapor retrieval. A nominal visibility is assumed. 

2. Cloud mask definition. Brightness and color balance tests are applied to establish 
probable clear pixels, and a spatially average water vapor average is taken. Pixels containing 
significantly lower water vapor than this spatial average are identified, and the results of this test 
and the other tests are combined to define the opaque cloud mask. 
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3. Spatial smoothing of the radiance. Prior to smoothing, the scene-average radiance 
replaces the actual radiance in the cloud-masked pixels. 

4. Aerosol (visibility) retrieval. The automated ratio-based algorithm is used with adjacency 
correction (both the smoothed and unsmoothed radiances are input). 

5. Refined water vapor retrieval. The derived visibility and perhaps a narrowed range (in 
comparison to step 1) of water column amounts are used. 

7. The cloud mask may optionally be recalculated, but it should not be much different than 
before. 

8. Full reflectance retrieval. 

A preferred embodiment for the cloud mask generation method of the invention, which may 
also be used with the prior art SSI/AFRL atmospheric correction method, is described below. 
Brightness, color balance, and water vapor tests are used in combination to define an opaque 
cloud mask. 

The brightness test requires that an atmospheric correction to reflectance units be performed 
for at least one sensor bandpass. Since the water reference reflectance channel average (taken 
from either side of 1.13 microns) and a corresponding reflectance are already generated, it can be 
used for the brightness test. Borel et al. have recommended a reflectance lower threshold of 
around 0.3 for clouds in the SWIR. A similar value, 0.4, is recommended herein based on trial 
and error. 

The color balance test involves comparing at least two bandpasses at different wavelengths. 
One bandpass can be the water reference, the second can be a visible bandpass, preferably green 
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wavelengths, properly scaled. The test outcome is positive if the ratio of effective reflectances 
(radiance divided by the solar function) in the green and water reference bandpasses is unity to 
within some bounding values. Preferred bounding values determined by trial and error are 0.4 
and 1.2. 

The low-water test involves comparing the pixel's column water vapor with a threshold value 
that is derived from pixels that fail both the brightness and color balance tests and therefore are 
classified as clear. The threshold is defined with respect to a clear-pixel spatial average, obtained 
by convolving the clear pixel image with a window that is smaller than the image. Ideally, the 
window should be larger than typical cloud dimensions but smaller than typical large-scale 
topographic dimensions over which water can substantially vary. For example, a preferred 
window size for a cumulus cloud field is 40x40 pixels for 20 km sensor height AVIRIS imagery 
(20 m x 20 m pixels). The outcome of the low-water test is defined to be positive for a pixel if 
its column water vapor is less than 85% of the clear-pixel value. 

Reflectance Calculation Speedup 

The features of the invention described in this section are a method for fast atmospheric 
correction of spectral imagery in which the parameters of Equation (1), A, B, S, L* a and p e , are 
approximated by average values for a group of nearby pixels, referred to as a "superpixel". The 
method takes advantage of the fact that Equations (1) and (2) relating radiance to reflectance can 
be transformed into the linear equation, 

p = mL* + b equation (3) 
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where m and b are expressed in terms of A, B, S, L* a and L* e values for each superpixel. 

In a preferred embodiment, the superpixel consists of a N x N array of image pixels, where N 
is 2 or greater. A, B, S, L* a depend on the water vapor column density, which varies across the 
scene. Suitable values for these parameters are determined by using the superpixel-average water 
vapor amounts to interpolate from LUTs constructed from radiation transport calculations 
performed for specific water vapor amounts. The superpixel-average water vapor amounts may 
be averages of amounts retrieved from individual pixels. Alternatively, they may be water 
amounts retrieved from superpixel-average radiances. p e is also calculated from the value of L* e 
for the superpixel using equation (2). Note that since L* e is itself a spatial average, for practical 
purposes it does not need to be calculated on a single-pixel basis in the first place. The A, B, S, 
L* a and L* e results are used to define m and b in Equation (3). Then L* for each pixel within the 
superpixel is inserted and p for each pixel is calculated, which now requires only two 
calculations (a multiplication and an addition) per wavelength channel. 

The speedup in the calculation of the reflectance compared to the prior art derives from the 
fact that the interpolations and other mathematical steps required to generate m and b are 
performed only once per N x N pixels. In the limit of large N, the Equation (3) calculation 
requires only two mathematical operations (an addition and a multiplication) per pixel per 
channel and therefore can approach the speed of the Empirical Line Method. 

Spectral Smile Compensation 

With a typical 2-dimensional focal plane array (FPA) spectrograph, one dimension of the 
FPA (parallel to the direction of spectral dispersion) is used to define the spectral channels, and 



SPSC/001 



{H:\pa\corp\16849\00002\A0408175.DOCj23 



the other dimension of the FPA is used to define a spatial dimension. In remote hyperspectral 
imaging applications, the FPA spatial dimension corresponds to the "cross-track" direction of the 
image (perpendicular to the direction of travel of the sensor). Spectral smile refers to the 
(typically) positive shift in the wavelength calibration (the channel center wavelength values) of 
a 2-dimensional array spectrograph as the cross-track pixel location proceeds from the center to 
the edges of the image (i.e., as one proceeds from the center to the edges of the FPA). The 
features of the invention described in this section are a method of accounting for the effect of 
spectral smile in the atmospheric correction of data taken with a 2-dimensional FPA 
spectrograph. The invention also can be used to account for other types of pixel-dependent 
wavelength variations, including that caused by a rotational misalignment between the FPA and 
the direction of spectral dispersion (which, unlike smile, is not symmetric about the center of the 
image). 

The general approach is to divide the spectral image into "strips" of pixels. Each strip, which 
corresponds to some narrow range of cross-track pixel locations, is assigned its own set of sub- 
channel wavelengths that are shifted by some characteristic amounts from the "nominal" channel 
wavelength calibration. If there are N sensor channels and w strips in the image, there are a total 
of (N x w) sub-channel wavelengths. The parameters of Equations (1) and (2) (A, B, S, L* a ) are 
calculated for each of these sub-channels and are used to atmospherically correct the pixels in 
each strip. It is presumed that the spectral smile or other pixel-dependent wavelength variation 
of the sensor has been characterized numerically, such as by a table or by a mathematical formula 
such as a polynomial expression. The number of strips w must be sufficient that the wavelength 
differences between adjacent strips are small compared with the spectral half- width of the 
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wavelength channels. For a typical hyperspectral sensor with partially overlapping channels, a 
suitable w may be on the order of 5. 

The first step is to divide the image into suitable strips (i.e., assign to each pixel a strip index 
j, which is an integer that varies from 1 to w). There are many ways by which this can be done. 
In one embodiment, one channel (preferably, one exhibiting a large spectral shift) may be 
specified as a "standard" channel; the wavelength range for the standard channel over the focal 
plane is computed and is divided equally into w equally-spaced bins. Then, each pixel is 
assigned its j value based on the bin into which its wavelength falls. If the superpixel method 
described previously is used, then j is defined for each superpixel rather than for each pixel. 

The second step is to assign the sub-channel wavelength values. A preferred embodiment is 
to gather all pixels with the same j and average together their wavelength values for each 
corresponding channel In this way, the sub-channel wavelength values best represent the pixels 
to which they are assigned. 

The third step is to calculate the Equation (1) and (2) parameters for each of the Nw sub- 
channels. This is done exactly as in the prior art, except that now there are a factor of w more 
values. 

The fourth step is to perform the water vapor retrieval and atmospheric correction 
(reflectance calculation) steps using the parameters from the third step. This is done exactly as in 
the prior art, except that now the parameters are selected not only in accordance with the water 
vapor amount for each pixel (or superpixel) but also in accordance with the strip index (j) value 
for each pixel (or superpixel). Note that for aerosol determination the prior art method (i.e., 
without smile compensation) is satisfactory, because the wavelength regions used for that 
purpose are essentially unaffected by small wavelength shifts. 
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In a generalization of the above method, j could be a function not only of the cross-track 
pixel location but also of the channel number. This generalization would allow improved 
accuracy in a situation where the nature of the wavelength variation across the image is different 
at different wavelengths (for example, if the wavelength variation error were dominated in one 
range of wavelengths by spectral smile and in another range of wavelengths by rotational 
misalignment). 

Other embodiments will occur to those skilled in the art and are within the following claims: 
What is claimed is: 
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Applicant: Adler-Golden et al. 

For: Improved Methods for Atmospheric Correction of Hyperspectral Imagery Over Land 

1. An improved method of correcting for atmospheric effects on a remote image of the 
Earth's surface taken from above, wherein the image comprises a number of images of the same 
scene each including a large number of pixels, each at a different wavelength band, and including 
infrared through visible wavelengths, comprising: 

providing a radiation transport model that relates spectral radiance to spectral reflectance 
via a set of parameters; 

providing a discrete number of trial visibility values; 

using the radiation transport model to calculate the model parameter values for each of 
the trial visibilities; 

selecting image pixels having a presumed, predefined ratio of reflectances in two 
different wavelength bands; 

using the radiation transport model parameters to determine the surface reflectance for 
the selected image pixels for each of the two selected wavelength bands for each trial 
visibility; 

comparing the determined surface reflectances to the predefined ratio of reflectances; 

determining from the comparison the differences between the determined reflectances 
and the ratio-predicted reflectances for one of the two selected wavelength bands; and 
resolving from the differences a corrected image visibility value. 

2. The method of claim 1, in which using the radiation transport model to calculate the 
model parameter values includes performing calculations for the specific geometric conditions 
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of solar illumination and sensor viewing that apply to the image being analyzed. 

3. The method of claim 1, in which using the radiation transport model to calculate the 
model parameter values includes performing calculations for a plurality of geometric 
conditions of solar illumination and sensor viewing, storing the calculation results, and 
interpolating the stored results to the specific geometric conditions that apply to the image 
being analyzed. 

4. The method of claim 1, in which using the radiation transport model to calculate the 
model parameter values includes performing calculations of the radiance from the surface that 
is scattered into the sensor by weighting the spectra from different parts of the surface 
according to their contributions to each pixel. 

5. The method of claim 1, in which the radiation transport model includes MODTRAN. 

6. The method of claim 1, in which the sensor viewing angle is nadir. 

7. The method of claim 1, in which the sensor viewing angle is off-nadir. 

8. An improved method of correcting for atmospheric effects on a remote image of the 
Earth's surface taken from above, wherein the image comprises a number of simultaneously 
acquired images of the same scene, each including a large number of pixels, each at a different 
wavelength band, and including infrared through ultraviolet wavelengths, comprising: 

providing a radiation transport model that relates spectral radiance to spectral reflectance 
via a set of parameters; 

providing a discrete number of trial column water vapor amounts; 

using the radiation transport model to calculate the model parameter values for each of 
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the trial column water vapor amounts at wavelengths within and outside at least one water 
vapor absorption band; 

initially determining the column water vapor amount for each pixel from comparisons 
of the observed radiances at those wavelengths within the calculations based on the model 
parameters for each trial column water amount; 

determining pixels that likely include a cloud, by performing on each pixel a brightness 
test, a color balance test, and a low-water test, and for such pixels that pass these tests; 

replacing the actual radiance with a presumed radiance; 

resolving the visibility value for the image; 

refining the determined column water vapor amounts for the pixels using the resolved 
visibility value; and 

determining the reflectance of each image pixel. 

9. The method of claim 8, in which using the radiation transport model to calculate the 
model parameter values includes performing calculations for the specific geometric conditions 
of solar illumination and sensor viewing that apply to the image being analyzed. 

10. The method of claim 8, in which using the radiation transport model to calculate the 
model parameter values includes performing calculations for a plurality of geometric 
conditions of solar illumination and sensor viewing, storing the calculation results, and 
interpolating the stored results to the specific geometric conditions that apply to the image 
being analyzed. 

11. The method of claim 8, in which using the radiation transport model to calculate the 
model parameter values includes performing calculations of the radiance from the surface that 
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is scattered into the sensor by weighting the spectra from different parts of the surface 
according to their contributions to each pixel 

12. The method of claim 8, in which the radiation transport model includes MODTRAN. 

13. The method of claim 8, in which the sensor viewing angle is nadir, 

14. The method of claim 8, in which the sensor viewing angle is off-nadir. 

15. An improved method of correcting for atmospheric effects on a remote image of the 
Earth's surface taken from above, wherein the image comprises a number of simultaneously 
acquired images of the same scene, each including a large number of pixels, each at a different 
wavelength band, and including infrared through ultraviolet wavelengths, comprising: 

providing a radiation transport model that relates spectral radiance to spectral reflectance 
via a set of parameters; 

dividing the image into a plurality of sub image areas, each comprising a plurality of 

pixels; 

determining for each sub image area a blended water vapor column density; 

for each sub image area, using the radiation transport model and the blended water 
vapor column density to determine a single value for several variables in the radiation 
transport model; and 

calculating the surface reflectance for each pixel in each sub image area from the 
several variables determined for the sub image area in which the pixel is found, and the 
spectral radiance for the pixel. 

16. The method of claim 15, in which using the radiation transport model to calculate the 
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model parameter values includes performing calculations for the specific geometric conditions 
of solar illumination and sensor viewing that apply to the image being analyzed. 

17. The method of claim 15, in which using the radiation transport model to calculate the 
model parameter values includes performing calculations for a plurality of geometric 
conditions of solar illumination and sensor viewing, storing the calculation results, and 
interpolating the stored results to the specific geometric conditions that apply to the image 
being analyzed. 

18. The method of claim 15, in which using the radiation transport model to calculate the 
model parameter values includes performing calculations of the radiance from the surface that 
is scattered into the sensor by weighting the spectra from different parts of the surface 
according to their contributions to each pixel. 

19. The method of claim 15, in which the radiation transport model includes MODTRAN. 

20. The method of claim 15, in which the sensor viewing angle is nadir. 

21. The method of claim 15, in which the sensor viewing angle is off-nadir. 



22. An improved method of correcting a shift in wavelength calibration of a two 
dimensional focal plane array used to capture a remote image of the Earth's surface taken from 
above, wherein the image comprises a number of simultaneously acquired images of the same 
scene, each including a large number of pixels, each at a different wavelength band, and 
including infrared through ultraviolet wavelengths, comprising: 

providing a nominal channel wavelength calibration value for each channel in the image; 

dividing the pixels into a plurality of strips, each corresponding to a narrow range of 
focal plane array cross-track pixel locations; 
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determining for each strip a set of sub-channel wavelength values that are derived from 
the nominal channel wavelength calibration values; 

providing a radiation transport model that relates spectral radiance to spectral reflectance 
via a set of parameters; 

calculating radiation model parameter values for each sub-channel; and 

determining the reflectance of each image pixel using the calculated model parameter 

values. 

23. The method of claim 22, in which calculating radiation model parameter values 
includes performing calculations for the specific geometric conditions of solar illumination and 
sensor viewing that apply to the image being analyzed. 

24. The method of claim 22, in which using the radiation transport model to calculate the 
model parameter values includes performing calculations for a plurality of geometric 
conditions of solar illumination and sensor viewing, storing the calculation results, and 
interpolating the stored results to the specific geometric conditions that apply to the image 
being analyzed. 

25. The method of claim 22, in which using the radiation transport model to calculate the 
model parameter values includes performing calculations of the radiance from the surface that 
is scattered into the sensor by weighting the spectra from different parts of the surface 
according to their contributions to each pixel. 

26. The method of claim 22, in which the radiation transport model includes MODTRAN, 

27. The method of claim 22, in which the sensor viewing angle is nadir. 

28. The method of claim 22, in which the sensor viewing angle is off-nadir. 
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29. An improved method of correcting for atmospheric effects on a remote image of the 
Earth's surface taken from above, wherein the image comprises a number of images of the same 
scene each including a large number of pixels, each at a different wavelength band, and including 
infrared through ultraviolet wavelengths, comprising: 

providing a radiation transport model that relates spectral radiance to spectral reflectance 
via a set of parameters; 

providing a discrete number of trial aerosol visibility values and either trial aerosol 
property values or aerosol types; 

using the radiation transport model to calculate the model parameter values for each of 
the trial aerosol visibility values; 

selecting image pixels having a multiplicity of presumed, predefined ratios of 
reflectances among a multiplicity of wavelengths bands; 

using the radiation transport model parameters to determine the surface reflectance for 
the selected image pixels for each of the multiplicity of wavelength bands for each combination 
of trial visibility value and trial aerosol property value or values, or aerosol type; 

comparing the determined surface reflectances to the predefined ratios of reflectances; 

and 

resolving from the comparison a combination of visibility value and aerosol property 
value or values or aerosol type for the corrected image. 

30. The method of claim 29, in which the using the radiation transport model to calculate 
the model parameter values includes performing calculations for the specific geometric 
conditions of solar illumination and sensor viewing that apply to the image being analyzed. 
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31. The method of claim 29, in which using the radiation transport model to calculate the 
model parameter values includes performing calculations for a plurality of geometric 
conditions of solar illumination and sensor viewing, storing the calculation results, and 
interpolating the stored results to the specific geometric conditions that apply to the image 
being analyzed. 

32. The method of claim 29, in which using the radiation transport model to calculate the 
model parameter values includes performing calculations of the radiance from the surface that 
is scattered into the sensor by weighting the spectra from different parts of the surface 
according to their contributions to each pixel. 

33. The method of claim 29, in which the radiation transport model includes MODTRAN. 

34. The method of claim 29, in which the sensor viewing angle is nadir. 

35. The method of claim 29, in which the sensor viewing angle is off-nadir. 
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Applicant: Adler-Golden et al. 

For: Improved Methods for Atmospheric Correction of Hyperspectral Imagery Over Land 

Abstract of the Disclosure 
This invention discloses several improved methods of correcting for atmospheric effects 
on a remote image of the Earth's surface taken from above, wherein the image comprises a 
number of simultaneously acquired images of the same scene, each including a large number 
of pixels, each at a different wavelength band, and including infrared through ultraviolet 
wavelengths. One method is for retrieving the aerosol/haze amount (i.e., visible range) from 
an assumed ratio of in-band reflectances, rather than from an assumed reflectance value. 
Another method is for identifying cloud-containing pixels. This is used to improve the 
calculation of the spatially averaged radiance L* e and reflectance p e images in standard 
equations. Another method greatly reduces the number of mathematical operations required to 
generate the reflectance values. This method operates by averaging the water vapor and p e 
values over small groups of neighboring pixels, so that the same A, B, S, L* a parameter 
values may also be assigned to all pixels within the group. Yet another new method accounts 
for shifts in the wavelength calibration within the image, such as would be caused by spectral 
"smile". This method loops the calculation of A, B, S and L* a over a set of possible 
wavelength shifts with respect to the input channel centers, and assigns the appropriate set of 
parameters to each pixel based on a pixel-location-dependent formula for the wavelength shift. 
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Fourth inventor's signature /i Date 




Residence 

6 Turning Mill Road, Lexington, MA H2420 



Citizenship 
U.S. 



Post Office Address 
same 



Full name of fifth inventor, if any 
Clark Allred 

Fifth inventor's signature Date 



Residence 

23 Hickam Lane, Hanscom AFB, MA 01731 

Citizenship 
U.S. 

Post Office Address 
same 



Full name of sixth inventor, if any 
Laila Jeong 



S^^ve^tor's ^nature Date 



Residence 

19PeachtreeRbad, L^ington, MA 02420 



Citizenship 
U.S. 



Post Office Address 
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Fuil name of third inventor, if any 
Alexander Berk 




Third inventor's signature 


Date 




Residence 

8 Canoe River Road, Sharon, MA 02067 




Citizenship 
U.S. 




Post Office Address 














Full name of fourth inventor, if any 
Lawrence S. Bernstein 




Fourth inventor's signature 


Date 




Residence 

6 Turning Mill Road, Lexington, MA 02173 




Citizenship 
U.S. 


iU 
; : I 


Post Office Address 
same 


'i, ?t 




;; ; "f 

- 3, 






i '1' 


Full name of fifth inventor, if any 
Clark Allred 


; 1 


Fifth inventor's signature 


Date 
13 Aiw SO 




Residence 

23 Hickam Lane, Hanscom AFB, MA 01731 




Citizenship 
U.S. 




Post Office Address 
same 














Fuil name of sixth inventor, if any 
Laila Jeong 




Sixth inventor's signature 


Date 




Residence 

19 Peachtree Road, Lexington, MA 02420 




Citizenship 
U.S. 




Post Office Address 
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Full name of seventh inventor, if any 
Gail Anderson 




Seventh inventor's signature 


Date 




Residence 

875 7th Street, Boulder, CO 80302 




Citizenship 
U.S. 




Post Office Address 






same 
















Full name of eighth inventor, if 
James Chetwynd, Jr. 




Eighth invehtote*ignature J 


ni Date 




jRfesidence v/ 

57 Norval Avenue, Stoneham, MA 02180 


•1 


Citizenship 
U.S. 


**i 


Post Office Address 
same 




sr a, 
" is 




|F 

0 






Full name of ninth inventor, if any 


:5 


Ninth inventor's signature 


Date 




Residence 


s la 


Citizenship 




Post Office Address 














Full name of tenth inventor, if any 




Tenth inventor's signature 


Date 




Residence 




Citizenship 




Post Office Address 
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Full name of seventh inventor, if any 
Gail Anderson 






Seventfwoventor's signatures >0 


Date 






Refekrence ' ' 
Slp/th Street, Boulder, CO 80302 






Cmzenship 
U.S. 






Post Office Address 








same 


















Full name of eighth inventor, if 
James Chetwynd, Jr. 






Eighth inventor's signature 


Date 






Residence 

57 Norval Avenue, Stoneham, MA 02180 






Citizenship 
U.S. 




n 


Post Office Address 








same 






} 5 












Full name of ninth inventor, if any 






Ninth inventor's signature 


Date 




11 
; ■ J 


Residence 




ill 


Citizenship 






Post Office Address 
















Full name of tenth inventor, if any 






Tenth inventor's signature 


Date 






Residence 






Citizenship 






Post Office Address 
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